1. Introduction. The theory of functions of a single complex variable is essentially identical with the conformai geometry of the real (or complex) plane. However, this is not the case in the theory of functions of two or more complex variables. Any set of n jj£ 2 functions of n complex variables with non vanishing Jacob ian induces a correspondence between the points of a real (or complex) 2#-dimensional euclidean space i?2n. The infinite group G of all such correspondences is obviously not the conformai group of i?2n, which is merely the inversive group of (n+l)(2n + l) parameters.
1 Poincaré in his fundamental paper in Palermo Rendiconti (1907) has called G the group of regular transformations. However, in an abstract presented before the American Mathematical Society, 1908, Kasner found it more appropriate to term it the pseudo-conformal group G. This name is now standard.
In his work of 1908, which he later published in full in 1940, Kasner investigated the possibility of characterizing the pseudo-conformal group G of four dimensions (the case n = 2 complex variables) in a purely geometric way.
2 His principal result is as follows: A transformation of Rt is pseudo-conformal if and only if it preserves the pseudoangle between any curve and a three-dimensional hypersurface at their point of intersection. This theorem demonstrates how the pseudo-angle may be used to characterize G within the group of arbitrary point transformations of R*.
We shall show in this paper how Kasner's pseudo-angle theorem can be carried over to 2n dimensions almost without any change. The pseudo-angle is important also because all other differential invariants of the first order under the pseudo-conformal group are really combinations of this pseudo-angle. Presented to the Society, September 13,1943, received by the editors July 6,1944. 1 The conformai group of a euclidean space R m of any dimension m>2, odd or even, is the inversive group of (*w-f-l)(w+2)/2 parameters (Liouville's theorem). Fialkow has studied the conformai geometry of any curve not only in a euclidean space R m but also in any riemann space V m . See his paper, Conformai geometry of curves, Trans. Amer. Math. Soc. vol. 51 (1942 
The following relations are noted between the partial derivatives in minimal coordinates and cartesian coordinates : In minimal coordinates, the square of the linear element ds is
The angle 0 between any two curve elements through a common point is
3. The pseudo-conformal group. This is given in minimal coordinates by In what follows, we shall omit from consideration the special minimal w-flats u a~c onst, and v a~c onst. Our pseudo-conformal group may be defined as the direct part of the total mixed group preserving these 2oo w special minimal w-flats.
4. The pseudo-conformal geometry of differential elements of first order. We shall be interested mainly in the geometry of the curve elements at a fixed point of R 2n . These form a (2# -l)-dimensional manifold 2(2"-l).
Let (<£i, 02, • • • , <t>n) $u ^2, • • • , ^n) = (0«, ^«) be any set of numbers (not all zero) proportional to the differentials (duu du 2f • • • , du n ; dvi,dv2, • • • ,dv n ) -{du a , dv a ) respectively so that (f> a~p du a , fa^pdva. Then any such set and only those sets proportional to it define, in homogeneous coordinates, any curve element e of S(2 n~i ).
The pseudo-conformal group G induces the (2n 2 -l)-parameter group G(2n*-i) among the curve elements of S ( 2 n -i) defined as follows:
n n (7) P$« = X) a *rf>fif P*« = Z) *«^/9, fora = l, 2, • • • , n, where the determinants \a a p\ and \b a p\ are each not zero.
5. The isoclines. An isocline y 2r of 2r dimensions where 0<r<n is defined by the system of (2n -2r) linear equations of the special forms A consideration of these equations will show that there are <*> 2r(n-r) isoclines y 2r in 2 (2 «-i). Also r curve elements which do not lie in a lower dimensional isocline determine a unique 2r-dimensional isocline. Of course, two distinct isoclines will intersect in an isocline whose greatest possible dimension is equal to the lowest of the two given isoclines or else they will have no common curve elements. THEOREM 1. Under the induced pseudo-conformal group G(2nt-i), any two 2r-dimensional isoclines are equivalent. Any isocline y 2r is a pseudoconformal manifold S( 2 r-i) contained in the larger pseudo-conformal manifold 2( 2w -i).
The proof of Theorem 1 is as follows. By applying (7) to (8), any 2r-dimensional isocline becomes a 2r-dimensional isocline under G( 2n 2-i). Any isocline y 2r may be carried into the canonical isocline y 2r (0) By the preceding, we may note that (0i, 02, • • • ,0rî^i,^2, • • -,^v) may be used as homogeneous coordinates of any curve element of the canonical isocline Y2r(0). By this remark and by determining the subgroup of <3(2n*-i) preserving Y 2 r(0), it is seen that the proof of our Theorem 1 is complete.
6. The pseudo-conformal geometry of two curve elements. In the first place, it is observed that the most general transformation of G(2 W 2-i) which will carry the curve element It may be proved that any pair of curve elements not in the same two-dimensional isocline may be carried into any other such pair. Thus two curve elements will possess a differential invariant of the first order if and only if they lie in the same two-dimensional isocline 7 2 . In that case, they have a unique invariant which is actually the angle between them. By Theorem 2, the angle between the two curve elements e and e* is invariant. Therefore it is an invariant between e and S<2*-i).
Kasner's pseudo-angle. Any (2n -1)-dimensional hypersurface
We shall now show that the angle obtained above is the unique invariant. Any curve element e may be carried into the canonical curve element e In the next and final section, we shall show that the pseudo-angle characterizes the pseudo-conformal group G. It is remarked that this is a direct generalization of the fact that the group of functions of a single complex variable is identical with the conformai group of the plane.
8. Characterization of the pseudo-conformal group G by the pseudo-angle. We shall prove the following fundamental theorem which is essentially Kasner's characterization in 2n dimensions. Any arbitrary transformation T with nonvanishing jacobian induces at any given point a general projectivity in 2(2 n -i) which in minimal curve element coordinates may be written as Also this projectivity in hypersurface element coordinates may be written as
